ON THE STRUCTURE OF SOME BILATTICES
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show that 0 A 1 = O . and using the identities {Z.73 and
2z 1 =
(2.7} we show that 0 o« 1 = 1
2 2 i i
Bow, let us recall that sarch of the reducrts (B, A +1,

whiencgs Dy

=
results of Padmanabhan [Fal, it is represented as a FPlonka
+

=um of lattices. In particular, let {(B.A:+! be the Flonkas

it
[
i}
e
el

LEMMA H. The Flonk ftibre B containing o

1

coincides with the interwval (0 .11}
t

g that =x+{x A vI iz & partition funcition

I +{l A O3 =1 |,
1 1 2 1
O +{1 A Oy =8O
2 1 2 2 .
it follogws that 1 is in B . as well and hence the inerval
1
(0 ,1Y ., is contained in B .
277171
Mow Iet 2 be in B and suppose s is nobt in (0 .1 .
2 27 711
Then b t= a A~ 0 is not in iﬂzgii}i sither and
)] ih A O =& 4+ b = h .
2 2 b
I the other hand, b is in 325 whenos
B+ b A0 3 =h .
2
O 4+ b oA DY =&
2 2 2
Conssaquently b=0 , a contradiction. It follows that B ig
2° 2
contained in {0 .1} ., whence BE={0 13} .
2 27 T4 4 o
LEMMA C. I€f a is in B for somes 1 0in I, then &= AL
L 3

1 L
Froof. Let a be in B . Then since the identity
'R .
¥+ iMooyl = {x + ¥} o :
- = P o T 3
izs satisfled in sach guasilattice {(see Pal:, it follows



o ocllowing four statements
are pguivalent.
g £ a8 B = 31,
z "1 1 1 1
O £ a = B = 1,
2z Tz 2 2 T4
g < BT < a8 2 o0,
i T4 1 iz
O < a" £ BT < O .
2z "z 2 2 2
onssnuently
(0 € a £ b £ O} o (0 € B £ a = O .
1 "4 1 i z 2 2 4
It foliows that 14 a.b are in fin}‘}¥1 and a is in B, b is
v
in B, then 1 # 1. By temms L, sach B contains an element
J 1
iy {4 .03 . Hence the lsmms holds.
1 T2 4
LEMMOS E. For every i1 in I, the zet BNl .1} has
' L 1
sxactiy one Eisment, BEmil Ji1 } |=1.
iR 2 i 1
FProonf: It is similar to the proof of lemma Do
LEMMA F. For gvery 1 in 1. the Plonka fibrs B is
- )
the hounded lattice (B At 10} = (B gt 210} =
1 v’ 1 t N Lo v
(B oo, 4,0 .3 3, where & = a ~ 0 , 1 = a3 <+ 1 for any =
L 1 1 1 2 1 1
irm B .
i
Froof: Lemmas B, 0. .
PEMMS G, (I, A 2 040 0 A 2 ({0 0 _+),
: 1* T2 a7 27 T4 27
Froot: It follows directly by Lemma F.
LEMMS H. For 1,1 irt I with i = iy the Flonks
homomorphism @ B —B is defined by ae——atl=a ~ 1.
Ll J 3
Froof: Let 3 he in B, Since a3 = a +{a ~ b} for
1 1,})
any b in Eiﬁ it Foilows  that in particular For o= .
3
ap = a +{a A0} = a + 3. OBn the other hand Ffor hb=1
sl J J J
= = a tia A~ 1} = a Afa + 1} = a ~ 1.
1,) J J [ ]
FREOFOBITION 1. The ouasilatiice {(H, Azwi iz  the
Flonka sum of lattices B ={0 .1 ) _A.+} = E403 .1 ) gt
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Proot: The first part of the lemma follows by Lemma

. For to oprove the second one, st a be in &8 M8 and b be
J T

in & NE . where 1.1° are inn I, and 3,37 are in J. Then by

The oroof of ( . By Theorsm 3 iy L3 and

;:_,
.. = .
is isomorphic to BAO®II = BAG{J).
=

Let =ilasmsve2:; 1 e & bounded lattice isomorphs

10

1
J z z J
Mote that 1° is in {0 .0
] 1T T2 e
g ; c ; .
By Lemma B, 11 follows that b is the unigus element  of
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